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The Plan for the Talk

1. Motivate and explain the bilateralist approach to normative
inferentialism that I like and have developed over several papers
(2024, 2026a, 2026b, forthcoming).

2. Motivate a restriction on a certain fundamental “coordination
principle” having to do with issues of relevance.

3. Propose a new (I think?) kind of relevant bilateral sequent
calculus that respects this relevance constraint.

4. State some basic facts about the logical fragment of the system.

5. Raise some questions and directions for future work.
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Normative Inferentialism

The Basic Idea: Understand the content expressed by linguistic
expressions such as “red,” “bird,” and “and,” in terms of the
inferential norms governing their use.

Question: Which kind of norms?

Brandom’s Two-Sorted Inferentialism: Fundamentally two
sorts of normative inferential relations.
1. Committive Consequence: Asserting some sentences

commits one to asserting some others.
Example: Asserting “a is red” commits one to asserting “a is
colored” (if appropriately prompted).

2. Normative incoherence: Asserting some sentences along
with asserting some others is incoherent.

Example: Asserting “a is red” along with asserting “a is
green” is incoherent.

Question: What is the relation between these two kinds of
norms?
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From Incoherence to Consequence
Brandom and Hlobil’s Approach: Start with the notion of
incoherence of sets of assertions and denials, codified by multiple
conclusion sequents, and use it to define a notion of consequence.

Restall/Ripley Reading of Sequents: A multiple conclusion
sequent of the form X ⊢ Y can be understood as saying that
asserting everything in X and denying everything in Y is
incoherent or “out of bounds.”
Two Bridge Principles:

Principle of Implicit Assertion (PIA): If, given a set of
assertions X and denials Y , it is incoherent to deny A, one is
implicitly committed to asserting A.
Principle of Implicit Denial (PID): If, given a set of assertions
X and denials Y , it is incoherent to assert A, one is implicitly
committed to denying A.

But: PIA and PID are pontentially contentious principles, and we
might want to explicitly represent them in a proof system so that
we can explicitly consider various ways of restricting them and the
different systems that might arise from such restrictions.
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Making Bilateralism Explicit

The Basic Proposal: Make Restall/Ripley bilateralism explicit
with Smiely (1996)/Rumfitt (2000) bilateralism:

Implicit bilateralism: Multiple conclusions sequents of the form
X ⊢ Y are interpreted bilaterally.
Explicit bilateralism: (Single conclusion) sequents of the form
Γ ⊢ φ featuring positively and negatively signed sentences.

An Idea for Explicitation:
▶ In a unilateral sequent calculus, a solely left-sided sequent of the

form X ⊢ can be understood as saying that the sentences in X are
jointly incoherent.

▶ In a bilateral sequent calculus, a solely left-sided sequent of the
form Γ ⊢ can be understood as saying that the assertions and
denials in Γ are jointly incoherent.

Translation Schema: X ⊢ Y ⇔ Γ ⊢
1. Right to Left: Let Γ = {+⟨A⟩ | A ∈ X} ∪ {−⟨B⟩ | B ∈ Y }
2. Left to Right: Let X = {A | +⟨A⟩ ∈ Γ} and Y = {B | −⟨B⟩ ∈ Γ}.
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The Classical Sequent Calculus (Ketonen-style)

X,A ⊢ A, Y
Reflex.

X ⊢ A, Y

X,¬A ⊢ Y
¬L

X,A ⊢ Y

X ⊢ ¬A, Y
¬R

X,A,B ⊢ Y

X,A ∧B ⊢ Y
∧L

X ⊢ A, Y X ⊢ B, Y

X ⊢ A ∧B, Y
∧R

X,A ⊢ Y X,B ⊢ Y

X,A ∨B ⊢ Y
∨L

X ⊢ A,B, Y

X ⊢ A ∨B, Y
∨R

Applying the Bilateral Interpretation: The left negation
rule, for example, specifies the conditions under which the
assertion of a negation is incoherent, namely:

▶ Relative to a “position” consisting in set of asserted sentences X
and denied sentences Y , if it’s incoherent to deny A, then it’s
incoherent to assert ¬A.
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The Classical Sequent Calculus, Translated

Γ,+⟨A⟩,−⟨A⟩ ⊢ Incoherence

Γ,−⟨A⟩ ⊢
Γ,+⟨¬A⟩ ⊢

+¬
Γ,+⟨A⟩ ⊢
Γ,−⟨¬A⟩ ⊢

−¬

Γ,+⟨A⟩,+⟨B⟩ ⊢
Γ,+⟨A ∧B⟩ ⊢

+∧
Γ,−⟨A⟩ ⊢ Γ,−⟨B⟩ ⊢

Γ,−⟨A ∧B⟩ ⊢
−∧

Γ,+⟨A⟩ ⊢ Γ,+⟨B⟩ ⊢
Γ,+⟨A ∨B⟩ ⊢

+∨
Γ,−⟨A⟩,−⟨B⟩ ⊢
Γ,−⟨A ∨B⟩ ⊢

−∨

The Bilateral Interpretation, Made Explicit: The rules now
explicitly show, in the bilateral notation itself, what the familiar
multiple conclusion rules say, on a bilateral interpretation of them.
For example:

▶ Relative to a position Γ, if it’s incoherent to deny A, then it’s
incoherent to assert ¬A.
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Bridge Principles Made Explicit
PIA and PID, as Coordination Principles:

Γ,−⟨A⟩ ⊢
Γ ⊢ +⟨A⟩

PIA
Γ,+⟨A⟩ ⊢
Γ ⊢ −⟨A⟩

PID

More Generally: Where φ is a signed sentence, and φ∗ is the
oppositely signed sentence:

Γ, φ ⊢
Γ ⊢ φ∗ Out

This is the coordination principle that, in other work (Simonelli
2024, 2026a, 2026b, forthcoming), I’ve called Out. It’s just the
sequent version of Bilateral Reductio.
If we add Out to the sequent calculus translated above, we get
bilateral classical logic (Simonelli 2024).
But: There are lots of reasons to restrict Out. For instance:

▶ Semantic paradoxes (Simonelli 2026a, 2026b, Incuravati and
Schloder 2024)

▶ Epistemic modals (Incurvati and Schloder 2023, Incurvati 2026).

Here, given the venue, I’ll focus on reasons pertaining to relevance.
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Formal and Material Relevance
Formal Relevance: Relevance is widely regarded as a property
of formal inferences, often related to (if not constituted by) the
property of variable sharing. Minimally:

Variable Sharing Across Turnstile (VSAT): A logic L satisfies
VSAT just in case, if Γ ⊢L φ, then var(Γ) ∩ var(φ) ̸= ∅.
Example: +⟨p ∧ ¬p⟩ ⊢ ¬q⟩ fails to satisfy VSAT, and so is bad by
standards of relevance.

However: If our consequence relation codifies the goodness of
material inferences as well, then it will not have the variable
sharing property.

Example: +⟨red⟩ ⊢ +⟨colored⟩ and +⟨red⟩ ⊢ −⟨green⟩ are good
material inferences, but, clearly, both violate variable sharing.

Still: We can still intuitively distinguish between material
inferences that respect or violate relevance constraints.

Example: +⟨red⟩ ⊢ −⟨green⟩ is fine, but
+⟨red⟩,+⟨green⟩ ⊢ −⟨square⟩ is not.

Observation: Hlobil and Brandom’s proposal, as explicitated
here, violates both material and formal relevance constraints.
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Failures of Material Relevance

1. Asserting “a is red,” asserting “a is green,” along with asserting “a
is square” is incoherent:

+⟨red⟩,+⟨green⟩,+⟨square⟩ ⊢
2. Asserting “a is red” along with asserting “a is square” commits

one to denying “a is green”:

+⟨red⟩,+⟨square⟩ ⊢ −⟨green⟩
3. Asserting “a is green” along with asserting “a is square” commits

one to denying “a is red”:

+⟨green⟩,+⟨square⟩ ⊢ −⟨red⟩
4. But asserting “a is red” along with asserting “a is green” does not

commit one to denying “a is square”:

+⟨red⟩,+⟨green⟩ ⊬ −⟨square⟩
So: Indiscriminately applying Out to (1) leads to problematic
failures of material relevance.
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A Defeasible Variant of the Case

1. Asserting “Sadie’s a mammal,” asserting “Sadie lays eggs,” along
with denying “The moon is made of cheese” is incoherent:

+⟨mammal⟩,+⟨lays eggs⟩,−⟨cheese⟩ ⊢
2. Asserting “Sadie’s a mammal” along with denying “The moon is

made of cheese”commits one to denying “Sadie lays eggs”:

+⟨mammal⟩,−⟨cheese⟩ ⊢ −⟨eggs⟩
3. Asserting “Sadie lays eggs” along with denying “The moon is

made of cheese” commits one to denying “Sadie’s a mammal”:

+⟨green⟩,+⟨square⟩ ⊢ −⟨red⟩
4. But asserting “Sadie’s a mammal” along with asserting “Sadie lays

eggs” doesn’t commit one to asserting “The moon is made of
cheese”:

+⟨mammal⟩,+⟨lays eggs⟩ ⊬ +⟨cheese⟩
In this case, the explosion seems especially bad since the
incoherence that would lead to it is a merely defeasible
incoherence.
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Failures of Formal Relevance

For any p and q:

1. Asserting p, denying p, and denying q is incoherent:

+⟨p⟩,−⟨p⟩,−⟨q⟩ ⊢
2. Asserting p and denying q commits one to asserting p:

+⟨p⟩,−⟨q⟩ ⊢ +⟨p⟩
3. Denying p and denying q commits one to denying p:

−⟨p⟩,−⟨q⟩ ⊢ −⟨p⟩
4. But, intuitively (at least to those who haven’t been indoctrinated

in the ways of classical logic), asserting p and denying p doesn’t
commit one to asserting q:

+⟨p⟩,−⟨p⟩ ⊬ +⟨q⟩
Once again: We can think of this failure as a failure of Out.
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What To Do?
One Approach: Stop trying to reduce consequence to
incoherence—treat both as primitive in the context of a proof
system.

▶ This is the approach I have adopted elsewhere (Simonelli,
forthcoming).

▶ But the sequence calculus I propose is a bit unwieldy, containing
quite a few rules (though that’s not a new thing for bilateralists).

▶ Moreover, though the system I propose accommodates the material
relevance failures, it is (bilaterally) supra-classical, and so doesn’t
accommodate formal relevance failures.

A Different Approach: Continue to reduce consequence to
incoherence, but restrict the applications of Out so that it only
gives us relevant consequences.

▶ This approach, which stays closer to the approach of Hlobil and
Brandom, is the one I’ll consider here.

▶ We can continue to use standard multiple conclusion sequent calculi
as base logics, codifying incoherence.

▶ The resulting consequence relation will be supra-relevant,in a sense
that I’ll explain.
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Minimal Incoherence and Relevant Consequence
Two Kinds of Incoherences: Intuitively, sets of speech acts
might be incoherent in virtue of the logical form of the sentences
asserted/denied or their material content.
Formal Incoherence: Γ is formally incoherent just in case Γ ⊢,
and, for every uniform substitution σ of atomic sentences, σ[Γ] ⊢.
1f. +⟨p⟩,−⟨p⟩,−⟨q⟩ ⊢
2f. +⟨p ∨ q⟩,+⟨¬p⟩,+⟨¬q⟩ ⊢

Material Incoherence: Γ is material incoherent just in case Γ ⊢,
but for some uniform substitution σ of atomic sentences, σ[Γ] ⊬ .
1m. +⟨red⟩,+⟨green⟩,+⟨square⟩ ⊢
2m. +⟨red ∨ gray⟩,+⟨¬gray⟩,+⟨¬colored⟩ ⊢
Minimal Incoherence: Γ is minimally incoherent such that Γ ⊢
and, for any φ ∈ Γ: Γ/{φ} ⊬.

▶ MFI: Minimal formal incoherences (2f but not 1f)
▶ MMIs: Minimal material incoherences (2m but not 1m)

Minimal Incoherence to Relevant Consequence: If Γ ⊢ is a
minimal incoherence, then or any φ ∈ Γ: Γ/{φ} ⊢ φ∗ is a relevant
consequence.
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Material Relevance Failures Again:

1. Asserting “a is red,” asserting “a is green,” along with asserting “a
is square” is incoherent:

+⟨red⟩,+⟨green⟩,+⟨square⟩ ⊢
2. Asserting “a is red” along with asserting “a is square” commits

one to denying “a is green”:

+⟨red⟩,+⟨square⟩ ⊢ −⟨green⟩
3. Asserting “a is green” along with asserting “a is square” commits

one to denying “a is red”:

+⟨green⟩,+⟨square⟩ ⊢ −⟨red⟩
4. But asserting “a is red” along with asserting “a is green” does not

commit one to denying “a is square”:

+⟨red⟩,+⟨green⟩ ⊬ −⟨square⟩
The Proposal: The initial incoherence is of the form Γ,∆ ⊢,
where Γ is the MMI {+⟨red⟩,+⟨green⟩} and ∆ is {+⟨square⟩}.
This is itself fine, but Out can only permissibly be applied to the
elements in Γ.
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The “Pittsburgh Plan,” Relevantized
The Pittsburgh Plan: Start with a base formal and material
consequence/incoherence relation between atomics, and use a
sequent calculus to generate a logically extended
consequence/incoherence relation from it (Hlobil 2017, Kaplan
2018, Brandom 2018, Simonelli forthcoming).

▶ Logical Expressivism: The derivable sequents in the extended
consequence relation can be said to “express” features of the base
consequence relation.

To Make It Relevant:

1. Start with a relevance-marked base incoherence relation in
which atomic MFIs and MMIs are marked as being relevant
to the incoherences in which they figure.

2. Generate a relevance-marked logically extended incoherence
relation by treating the elements of the base incoherence
relation as axioms of a sequent calculus and tracking
relevance markers down proof trees.

3. Generate a relevant consequence relation by applying Out to
relevance-marked formulas.
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Axioms and Relevant Out

Γ,∆r ⊢
M. Inc.

where ∆ is an atomic MMI and Γ are jointly non-defeating atomics

Γ,+⟨p⟩r,−⟨p⟩r ⊢
F. Inc.

where Γ contains only atomics

Γ, φr ⊢
Γ ⊢ φ∗ R. Out

Note: This resolves the failures of relevance we’ve considered. For
instance, we have:

+⟨red⟩r,+⟨green⟩r,+⟨square⟩ ⊢
So we have:

+⟨red⟩r,+⟨square⟩ ⊢ −⟨green⟩
+⟨green⟩r,+⟨square⟩ ⊢ −⟨red⟩

But not:

+⟨red⟩r,+⟨green⟩r ⊢ −⟨square⟩
Similar for the formal failures featuring atomics.

17



Rules for Tracking of Relevance
Question: How should relevance markers be inherited? Negation
is obvious, but what about the binary connectives? For example:

Γ,+⟨A⟩r,+⟨B⟩ ⊢
Γ,+⟨A ∧B⟩r? ⊢

+∧
Γ,−⟨A⟩r ⊢ Γ,−⟨B⟩ ⊢

Γ,−⟨A ∧B⟩r? ⊢
−∧

Do either or both of the premises need to be marked?

Answer: Either for one premise rules, as the following proof
should be good:

+⟨p⟩r,+⟨q⟩,−⟨p⟩r ⊢
f. inc

+⟨p ∧ q⟩r?,−⟨p⟩r ⊢
+∧

−⟨p⟩ ⊢? −⟨p ∧ q⟩
r. out

Both for two premise rules, as the following proof should not be
good:

+⟨p⟩r,+⟨q⟩,−⟨q⟩,−⟨p⟩r ⊢
f. inc

+⟨p⟩,+⟨q⟩r,−⟨q⟩r,−⟨r⟩ ⊢ f. inc

+⟨p⟩,+⟨q⟩r,−⟨q⟩r,−⟨p ∧ r⟩r? ⊢
−∧

+⟨p⟩,+⟨q⟩,−⟨q⟩ ⊢? +⟨p ∧ r⟩
r. out
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A Sequent System
Γ,∆r ⊢

M. Inc.

where ∆ is a MMI and Γ are jointly non-defeating

Γ,+⟨p⟩r,−⟨p⟩r ⊢
F. Inc. Γ, φr ⊢

Γ ⊢ φ∗
r

R. Out

Γ,−⟨A⟩ ⊢
Γ,+⟨¬A⟩ ⊢

+¬

+⟨¬A⟩r iff −⟨A⟩r

Γ,+⟨A⟩ ⊢
Γ,−⟨¬A⟩ ⊢

−¬

−⟨¬A⟩r iff +⟨A⟩r

Γ,+⟨A⟩,+⟨B⟩ ⊢
Γ,+⟨A ∧B⟩ ⊢

+∧

+⟨A ∧B⟩r iff either +⟨A⟩r or +⟨B⟩r

Γ,−⟨A⟩ ⊢ Γ,−⟨B⟩ ⊢
Γ,−⟨A ∧B⟩ ⊢

−∧

−⟨A ∧B⟩r iff both −⟨A⟩r and −⟨B⟩r

Γ,+⟨A⟩ ⊢ Γ,+⟨B⟩ ⊢
Γ,+⟨A ∨B⟩ ⊢

+∨

+⟨A ∨B⟩r iff both +⟨A⟩r and +⟨B⟩r

Γ,−⟨A⟩,−⟨B⟩ ⊢
Γ,−⟨A ∨B⟩ ⊢

−∨

−⟨A ∨B⟩r iff either −⟨A⟩r or −⟨B⟩r

In the two-premise rules, an element of the shared context is relevant in the

conclusion sequent if it is relevant in either of the contexts of the two premise

sequents. 19



Some Facts about the Logical Fragment:

1. Classicality Under Translation: +⟨X⟩,−⟨Y ⟩ ⊢ is provable
from formal incoherences just in case X ⊢ Y is classically valid.

▶ Immediate by translation.

2. Commitments towards Classical Tautologies and
Contradictions: For any classical tautology A, Γ ⊢ +⟨A⟩ is
provable, and, for any classical contradiction A, Γ ⊢ −⟨A⟩ is
provable.

▶ Easy to see that Γ ⊢ must contain at least one marked formula,
from which the it follows that ±⟨A⟩ ⊢ must be marked, and, given
(1), (2) follows.

3. Weak VSAT: If Γ ⊢ φ is provable from formal incoherences and
⊬ φ is not, then var(Γ) ∩ var(φ) ̸= ∅

▶ Straightforward to show by induction on proof height.

4. Basic Relevance Constraint: If Γ,∆ ⊢ φ is provable from
formal incoherences and var(Γ) ∩ var(∆ ∪ {φ}) = ∅, then ∆ ⊢ φ

▶ I’m almost certain this holds, but I drank too many beers last night
so I didn’t finish proving it.
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Transitivity Failures

Note: The system is non-transitive. For instance, it derives
+⟨p ∧ ¬p⟩ ⊢ +⟨(p ∨ q) ∧ ¬p⟩:

+⟨p⟩r,−⟨p⟩,−⟨p⟩r,−⟨q⟩ ⊢
f. inc.

+⟨p⟩r,+⟨¬p⟩,−⟨p⟩r,−⟨q⟩ ⊢
+¬

+⟨p ∧ ¬p⟩r,−⟨p⟩r,−⟨q⟩ ⊢
+∧

+⟨p ∧ ¬p⟩r,−⟨p ∨ q⟩r ⊢
−∨

+⟨p⟩,−⟨p⟩r,+⟨p⟩r ⊢
f. inc.

+⟨p⟩,+⟨¬p⟩r,+⟨p⟩r ⊢
+¬

+⟨p ∧ ¬p⟩r,+⟨p⟩r ⊢
+∧

+⟨p ∧ ¬p⟩r,−⟨¬p⟩r ⊢
−¬

+⟨p ∧ ¬p⟩r,−⟨(p ∨ q) ∧ ¬p⟩r ⊢
−∧

+⟨p ∧ ¬p⟩r ⊢ +⟨(p ∨ q) ∧ ¬p⟩r
r. out

and +⟨(p ∨ q) ∧ ¬p⟩ ⊢ +⟨q⟩
+⟨p⟩r,−⟨p⟩r,−⟨q⟩ ⊢

f. inc.
+⟨q⟩r,−⟨p⟩,−⟨q⟩r ⊢

f. inc.

+⟨p ∨ q⟩r,−⟨p⟩r,−⟨q⟩r ⊢
+∨

+⟨p ∨ q⟩r,+⟨¬p⟩r,−⟨q⟩r ⊢
+¬

+⟨(p ∨ q) ∧ ¬p⟩r,−⟨q⟩r ⊢
+∧

+⟨(p ∨ q) ∧ ¬p⟩r ⊢ +⟨q⟩
r. out

but not +⟨p ∧ ¬p⟩ ⊢ +⟨q⟩.
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Transitivity Failures
Transitivity failures are controversial in most logical contexts,
though they’ve been proposed:

▶ In dealing with paradoxes (e.g. Van Rooj 2011, Ripley 2013).
▶ For some relevance logics (Tennant 2017, Verdee, de Bal, Samonek

2018, Szmuc 2021).

However: In the context of this sort of inferentialist framework,
they’re completely welcome, since we already have plausible
failures of transitivity (even cumulative transitivity) in the
material base consequence relation (Simonelli 2022, forthcoming):
1. Asserting “Frank’s a fish” commits one to denying “Frank

walks on land.”
+⟨fish⟩ ⊢ −⟨walks on land⟩

2. Asserting “Frank’s a fish” along with denying “Frank walks
on land” commits one to denying “Frank’s a mudskipper.”

+⟨fish⟩,−⟨walks on land⟩ ⊢ −⟨mudskipper⟩
3. But asserting “Frank’s a fish” does not, by itself, commit one

to denying “Frank’s a mudskipper.”
+⟨fish⟩ ⊬ −⟨mudskipper⟩

22



Questions and Next Steps
Questions: This consequence relation seems like a reasonable
relevant consequence relation (if we’re happy with transitivity
failures). Some obvious questions:
1. Does the logical fragment of it coincide with that of a known

relevant logic?
⋆ Close to CLVSP (Szmuc 2021), but (contra what I said in the

abstract) not identical.
⋆ Perhaps the same as NTR (Verdee, de Bal, Samonek 2018) or

classical core logic (Tennant 2017), but still needs to be shown.

2. What about the relevant-marked fragment of derivable sequents of
the form Γr ⊢ φ? (will be non-monotonic and non-contractive)

An Obvious Next Step: Add a conditional. The obvious first
step to doing this:

Γ,+⟨A⟩r ⊢ +⟨B⟩
Γ ⊢ +⟨A → B⟩

We now variable sharing : if ⊢ A → B, then var(A) ∩ var(B) ̸= ∅
In General: There seems to be a lot to explore in this sort of
relevantized approach to (global) inferentialism, and I don’t know
myself around this space yet, so, if you’re interested, help me work
some of this stuff out! 23
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and D. Westerstahl, eds., Logic, Methodology and Philosophy of Science.
College Publications.

Ripley, Ellie (2013) ‘Paradoxes and Failures of Cut’, Australasian Journal of
Philosophy 91: 139–64.

Rumfitt, Ian (2000) ‘Yes and No’, Mind 109: 781–823.

Tennant, N. (2017). Core logic. Oxford University Press.

Verdée, P., De Bal, I., & Samonek, A. (2019). A non-transitive relevant
implication corresponding to classical logic consequence. The Australasian
Journal of Logic, 16(2). 24


